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The aim of this talk consists in comparing different ways to pursue a logicist project.
More in particular, I would compare a proof-theoretic version of logicism, like Tennant’s
costructivist logicism (CL [1]), with two axiomatic versions, namely Heck’s finite Frege
Arithmetic (FFA [2]) and a free zig-zag logicism (FZL), obtained by the adoption of a
negative free logic and a restricted version of Basic Law V1.

Both these three systems allows us to derive any instance of the comprehension
axiom schema but the different restrictions of the logic (in CL and in FZL) and of the
abstraction principles (HP in FFA and BLV in FZL) determine the different strength
of the theories.

My two aims consist in, first, discussing the conjecture (proposed by Tennant in
[1]) that CL is the intuitionistic (relevant) fragment of Heck’s FFA and, secondly,
clarifying the existential role of abstraction principles in systems which adopt free
logic. Comparing the derivational power of CL and FZL, we can observe that the first
one allows us to derive the existential claim ∃x(x = ]F ) only where F is a concept with
a finite extension, while the second one allows us to derive also the existential instance
of such theorem where F means natural number - namely a concept with an infinite
extension.
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1T-BLV: ∀F∀G(ε(F ) = ε(G) ↔
∧
x(Fx ↔ Gx) ∧ (φ(F ) ∧ φ(G)) - where φ means ”positive” - it contains

second-order variables only in the scope of an even number of negation symbols).


